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Exercise 1. Let A be an integral domain with fraction field K, L/K an algebraic
field extension and B the integral closure of A in L. Show that L is the field of
fractions of B.

Exercise 2. Let A ⊂ B be an integral extension of integral domains. Show that
A is a field if and only if B is a field.

Exercise 3. Let A ⊂ B ⊂ C be integral extensions. Show that A ⊂ C is also an
integral extension.

Exercise 4. Let K/Q be a finite extension and x ∈ K. Show that x is integral
if and only if the (monic) minimal polynomial of x over Q has coefficients in Z.

Exercise 5. Show that OK is a PID, for K = Q(i
√

3) and K = Q(i
√

2).
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